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Abstract

This paper puts forward a novel presuppositional theory of specific indefi-
nites that makes crucial use of dynamic presuppositions—presuppositions with
anaphoric content in addition to propositional content. It is shown that the the-
ory provides a straightforward explanation for the exceptional scope properties
of specific indefinites with respect to different operators, including quantifiers,
in terms of presupposition projection and anaphora. Itis also proposed that puz-
zling interpretive properties of certain are explained as dynamic presuppositions
with functional anaphora.

1 Introduction

This paper offers a novel theory of ‘specific indefinites’. As is often remarked (Farkas
1994, 2002a,b, Farkas & Brasoveanu 2021, among others), related but qualitatively
different interpretive properties of indefinite noun phrases have been discussed un-
der the rubric of ‘specificity’. For the bulk of the present paper, we will be concerned
with the issue of indefinites with exceptional wide scope, so ‘specific indefinites’ are
meant to be simply indefinites with exceptional wide scope most of the time. How-
ever, since the proposed theory has consequences beyond their scopal properties, so
we will stick to the broader, but potentially confusing, term.

The topic of specific indefinites has been copiously written about, especially since
the 1980s (pioneering works include Farkas 1981 and Fodor & Sag 1982), and a host of
different analyses have been put forward. I will not review the background literature
in this paper, as excellent overviews already exist (e.g., Ruys 2001, Ruys & Spector
2017, Ebert 2021, Farkas & Brasoveanu 2021). In addition to a number of different
theories, the past research also has identified an array of empirical facts to be un-
derstood, and the present paper has very little to add to what is already known. The

*The material reported here grew out of the semantics research seminar (PLIN0056) I taught at
UCL in the first half of Term 1, 2022-23. Viola Schmitt gave me an opportunity to make a talk ver-
sion of the work, which I presented at ZAS in Berlin, Germany on February 17, 2025. I subsequently
delivered the same talk with minor modifications at the Massachusetts Institute of Technology (on
April 18, 2025), the University of Connecticut, Storrs (on May 2, 2025), and New York University (on
May 5, 2025). I would like to thank the students who attended the seminar and the audiences of
the talks. Special thanks go to the following people (in alphabetical order), who gave me particu-
larly helpful comments, suggestions, and criticisms, as well as encouragement to write up the present
paper: Chris Barker, Simon Charlow, Gennaro Chierchia, Patrick Elliott, Magda Kaufmann, Stefan
Kaufmann, Nathan Klinedinst, Matt Mandelkern, Craige Roberts, Philippe Schlenker, Viola Schmitt,
Anna Szabolcsi. All remaining errors are my own.



key empirical properties of specific indefinites to be accounted will be reviewed in
the next section, but the main contribution of the present paper will be theoretical
in nature.

In brief, it is proposed that peculiar interpretive properties of specific indefinites
naturally fall out once they are understood as having presuppositions with non-trivial
anaphoric content, or what are called dynamic presuppositions here. Let us briefly
describe this idea without introducing too much formal detail.

We adopt the Stalnaker-Heim view of presuppositions, according to which sen-
tence meanings are modelled by functions over contexts (also known as ‘Context
Change Potentials’) and the presupposition 7 of a sentence S restricts the domain
of the function that S denotes to the set of contexts that ‘satisfy’ 7 (in the sense to be
made clear later). This is schematically represented in (1) as a general update rule.
‘c + S" denotes the result of updating context ¢ by asserting (declarative) sentence
S, with a being the assertive content of .S, which is by assumption a function over
contexts, and 7 the presuppositional content of S, a proposition. Following the stan-
dard practice in dynamic semantics, postfix notation is used for updates as in ‘c[«a]’,
rather than "[«](c)".

cla] if 7 is satisfied with respect to ¢
# otherwise

(D c+S={

It bears emphasising that this standard implementation of the Stalnaker-Heim view
of presuppositions holds that the presupposition 7 is only used for determining the
domain of the function over contexts. More specifically, 7 is modelled as a (poten-
tially assignment-sensitive) proposition and is said to be satisfied with respect to c iff
7 is true everywhere in ¢, or equivalently, ¢ entails 7. Importantly, in this implemen-
tation, = only has propositional content.

I propose to change the general update rule as follows. Firstly, we regard 7 as not
merely a proposition but a function over contexts, which is a richer semantic object
that embodies both propositional and anaphoric content. Consequently, under the
new theory, the assertive content « and the propositional content = are modelled by
the same type of semantic objects—functions over contexts. Secondly, the presup-
positional content 7 plays two interpretive roles: It is used once to check if the input
context ¢ is an admissible one—which is the same as (1)—but not only that, it is cru-
cially also used to update ¢, before the update with «, as schematized in (2). The
newly added bit of the update rule is underscored in (2). Following the tradition in
the literature, we omit parentheses for context updates, which associate to the left,

e.g, c[rlla] = (c[r])[a].

@) s {c[w] [o] if 7 is satisfied with respect to ¢
C —3 _

# otherwise

Because presuppositions in this setup are fully dynamic, I call them dynamic pre-
suppositions. What dynamic presuppositions crucially buy us is cross-dimensional
anaphora from 7 to «. As remarked above, whenever 7 is satisfied with respect to
¢, its propositional content, is by definition, true everywhere in ¢, meaning that the
propositional content of 7 is bound to be entirely inert in the update of ¢ with .
However, = may still have non-trivial anaphoric content, and in that case it will have



non-trivial update effect on c that can feed the interpretation of o (and subsequent
updates).

Or to put it conversely, the proposed change in the interpretative role of presup-
positions will make a detectable difference only for sentences whose presupposi-
tional content 7 has non-trivial anaphoric meaning. I propose that what makes in-
definites specific is precisely such dynamic presuppositions that introduce new dis-
course referents in the presupposition that are referred back to in the assertive con-
tent. A particularly important consequence of this is that specific indefinites acquire
wide scope as a result of presupposition projection. Therefore, there is no need for
theoretical machinery specific to the scopal properties of specific indefinites (such
as choice functions). The theory only makes use of two mechanisms—anaphora and
presupposition projection—which are clearly both needed for independent reasons.

Two remarks are in order regarding the novelty of the proposal. Firstly, the idea
of dynamic presuppositions is in fact not entirely novel (Beaver 1992, Elliott & Sudo
2021; also see Appendix B for a related theory formulated in Discourse Representa-
tion Theory), but I believe it is fair to say that it is non-standard at this point, espe-
cially among theories based on the Stalnaker-Heim view of presupposition. To the
best of my knowledge, Elliott & Sudo 2021 is the only study that directly argues for it
with an empirical argument, to which we will come back later. Against this backdrop,
what is achieved in this paper can be seen as further support for the idea of dynamic
presuppositions.

Secondly, the idea that specific indefinites acquire wide scope via presupposition
projection has been previously explored by a number of authors (Cresti 1995, Van
Geenhoven 1998, Yeom 1998, Jager 2007, Geurts 2010, Onea 2015). However, none of
the presuppositional theories of specific indefinites is based on the idea of dynamic
presuppositions in the above sense. Appendix B contains a detailed comparison be-
tween my proposal and (a version of) the theory proposed by Van Geenhoven 1998,
which I believe is the most prominent among the previous presuppositional theo-
ries of specific indefinites. I argue there that the theory proposed in this paper is
both conceptually and empirically superior to it, especially with respect to the inter-
action between specificity and quantification, and a large chunk of the present paper
(Section 4) is devoted to developing an account of it.

Beyond the comparison with Van Geenhoven 1998, however, no other existing
theories of specific indefinites will be discussed in this paper. Given the exceptionally
rich theoretical landscape, it would not be possible to develop a comprehensive set
of comparisons with the proposed theory without sacrificing the readability.! T wish
to conduct such comparisons in some other future occasion.

Having said that, I would like to briefly discuss one major motivation for adopt-
ing the presuppositional approach to specificity: It is an advantage of this approach
it assigns different meanings to simple sentences containing a specific indefinite vs. a
non-specific/plain indefinite. This is most acutely illustrated in languages that have
morphosyntactic means of marking specificity. One of the most famous examples is
Turkish ‘Differential Object Marking’, where by a direct indefinite object bearing an

'To name some (but not all!)) major approaches and key refereces: the domain restriction ap-
proach Schwarzschild 2002, the choice function approach Reinhart 1997, Winter 1997, Kratzer 1998,
Matthewson 1998, Chierchia 2001, Schwarz 2001, Schlenker 2006, Schwarz 2011, the (in)dependence-
marking approach (Farkas 1994, 1997, 2002a,b, Brasoveanu & Farkas 2011), the alternative-based ap-
proach (Charlow 2014, 2020).



overt accusative suffix is obligatorily interpreted as specific (En¢ 1991, among oth-
ers).> Compare, for example, (3) with and without the case suffix -1.

(3)  Alibir kitab(-1) aldu
Ali one book(-Acc) bought
‘A book is such that Ali bought it.’ (Eng 1991: p. 5)

For many (if not all) existing theories of specific indefinites, the interpretive effect
of specificity marking is only observable when another scopal element is present in
the sentence, and consequently, such theories assign the same meaning to the two
versions of (3). Presuppositional theories of specific indefinites, on the other hand,
start from the assumption that sentences with specific and non-specific indefinites
differ in the presuppositional dimension of meaning, offering a way to understand
the semantic contribution of the specificity marking (as well as of its absence) in a
systematic way. For example, according to the theory proposed here, the specific
version of (3) presupposes that there is a book, while the non-specific version of (3)
does not. This is certainly not meant to be a knockdown argument against the other
approaches, but I consider it to be a virtue of the presuppositional approach.

Furthermore, I will argue that the idea of dynamic presuppositions provides a
novel way of understanding peculiar interpretive properties of specific indefinites
containing the adjective certain. It has been widely acknowledged that certain marks
specificity, but it is also known that specific indefinites with and without certain
exhibit some intriguing interpretive differences (Hintikka 1986, En¢ 1991, Schwarz
2001, Farkas 2002b, Schlenker 2006, Solomon 2011, Ionin 2015). I propose that the
semantic properties of certain are explained in terms of a dynamic presupposition
that introduces a discourse referent for a ‘natural function’.

The organisation of the present paper is as follows. We will start by reviewing key
facts about the scopal properties of specific indefinites in Section 2. I will provide
a preliminary account of their exceptional wide scope in terms of dynamic presup-
positions in Section 3. Section 4 is devoted to developing a theory of how specific
indefinites are interpreted in the scope of quantifiers, an empirical domain where
the present theory makes particularly desirable predictions. Section 5 presents an
analysis of certain. Section 6 is the conclusion.

2 Indefinites with exceptional wide scope

The empirical observation we will aim to account for is that indefinites across lan-
guages often often (if not always) give rise to wide scope readings even when they
occur in grammatical contexts where other quantificational noun phrases cannot.
We will illustrate this observation with examples below. Since we do not have much
to add to what is already known in this regard, if the reader is already familiar with

2I should however note that it is possible that the Differential Object Marking in Turkish does not
always correspond to the type of specificity I am after. In particular, it might be able to signal ‘domain
specificity’, which essentially amounts to the ‘definiteness’ (in some broad sense) of the domain of
quantification. In fact, that is what Enc¢ 1991 proposes for accusative marked indefinite objects in
Turkish, although it should be noticed that domain specificity itself does not explain exceptional wide
scope and Enc¢ does not directly address this issue. My intention here is to illustrate the idea with
the example in (3), leaving a more serious empirical investigation of specificity marking for another
occasion.



the facts, it is safe to skip to the next section.

2.1 Restrictions on scope ambiguity

Natural language quantifiers exhibit scope ambiguity. There seems to be consider-
able cross-linguistic variation in terms of which scopal elements in what grammat-
ical contexts give rise to scope ambiguity, but it is a consensus that an English sen-
tence like (4) is scopally ambiguous. In the examples in this section, I will highlight
the quantifier to exhibit (or not exhibit) wide scope in bold, and underscore the other
relevant scopal element.

(4) a. Someone flunked every introductory course in Linguistics.
b. She showed me a picture of every car she has owned.

In what follows, we will call the reading where the linearly preceding element takes
wide scope, the surface scope reading, and the reading where the linearly following
quantifier takes wide scope, the inverse scope reading.

It should be noted that it is not always easy to raise convincing evidence for a
given scopal interpretation, especially when it purportedly entails another available
interpretation, but since I am simply reviewing the basic facts from the literature
here, I will omit detailed empirical discussion. See Ruys 2001 for discussion on this
point and relevant references.

Quantifier scope in natural language is known to be constrained in various ways.
The primary way to detect such constraints is by observing the absence of scope
ambiguity. Below we will illustrate the constraints with universal quantifiers.

The first class of constraints are structural in nature: Quantifiers occurring inside
certain grammatical environments—known as ‘scope islands’—do not exhibit scope
ambiguity with respect to scopal elements that sit outside. The most notable class of
scope islands is finite clauses, including complement and relative clauses, as illus-
trated by the examples below, which lack inverse scope readings.?

(5) a. Someone met with a student [who flunked every introductory course in
Linguistics].
b. Someone told him [that I flunked every introductory course in Linguis-
tics].

In the next section, I will discuss the antecedent of an if-clause as a representative
example of scope islands, so let us also consider an example of this sort here.

(6) If [each friend of mine from Texas had died in the fire], I would have inherited
a fortune. (adapted from Fodor & Sag 1982: p. 370)

This example does not have an inverse scope reading where the universal quantifier
takes scope over the conditional construction.

Another class of structural constraints is discussed in terms of scope freezing ef-
fects. The most famous case of this is the double object construction in English (Lar-
son 1990, Bruening 2001). Concretely, the example in (7) does not have an inverse

3Various exceptions to this generalization have been pointed out in the literature (e.g., see Reinhart
1997, Winter 1997, Fox 2003, Szabolcsi 2010, Syrett 2015). This complication does not concern us in
this paper.



scope reading, unlike those in (8), which do not involve the double object construc-
tion.
(7) She showed a child every picture with animals.

(8) a. Sheshowed a picture with animals to every child.
b. She showed every picture with animals to a child.

A third constraint on quantifier scope is semantic in nature: When negative quan-
tifiers like no NP are involved, inverse scope readings become absent. There are two
sub-cases. Firstly, negative quantifiers themselves cannot take wide scope over a lin-
early preceding quantifier in a simple sentence like (9), unlike positive quantifiers
like every NP in (4a) above.

(9)  Astudent flunked no introductory course in Linguistics.

Under the inverse scope reading, (9) would mean ‘No student flunked any introduc-
tory course’; it clearly cannot mean it. Secondly, and more relevantly, a positive
quantifier does not give rise to an inverse scope reading with respect to a negative
quantifier in a sentence like (10).

(10) No student flunked every introductory course in Linguistics.

Under the inverse scope reading, this would also mean ‘No student flunked any in-
troductory course’, but it cannot mean it, at least as not easily as the inverse scope
reading of (4a).

2.2 Indefinites with exceptional wide scope

This paper has nothing to say about where the above constraints on quantifier scope
come from, but what is crucial is the fact that indefinite noun phrases do not abide by
any of the above constraints. To illustrate, the indefinites in the following sentences
allow for wide scope interpretations over the underlined quantifiers.

1D a. Everyone met with a student [who flunked an introductory course in
Linguistics].
b. Everyone told him [that I flunked an introductory course in Linguis-
tics].

(12) She showed every child a picture with animals.
(13)  No student flunked an introductory course in Linguistics.

The main question that we will aim to answer is why indefinites do not abide by
the restrictions on quantifier scope that seem to uniformly apply to other quantifiers.
One possible reaction is to assume that different quantifiers are subject to different
restrictions (as suggested by Barker 2022, for example). That is certainly an analyt-
ical possibility, especially given our poor understanding of why the restrictions on
quantifier scope exist to begin with. I will, however, follow the majority here in pur-
suing a different approach that assumes a uniform set of constraints on quantifier
scope, and attribute the exceptional scopal behavior of indefinites to their special
anaphoric properties.*

A potential advantage of my account over a theory like that of Barker 2022 that simply allows for
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3 Exceptional wide scope via presupposition projection

This section presents the core formal proposal of the paper. For the purposes of
exposition, I will use a version of Dynamic Predicate Logic (DPL) (Groenendijk &
Stokhof 1991) as intermediate language, which is ‘lifted’ from the original version
of DPL so that formulas are interpreted as functions over sets of world-assignment
pairs, rather than relations between assignments. This change is necessary to imple-
ment the Stalnaker-Heim view of presuppositions as admittance conditions (which
requires non-distributivity in the sense of Van Benthem 1986). I will introduce the
crucial aspects of the intermediate language step-by-step in what follows. As usual,
the formal intermediate language is eliminable (Montague 1970, 1973), but I believe
it declutters the exposition and contributes toward readability.®

3.1 Plain indefinites

I start with the assumption that indefinites are generally ambiguous between a plain,
non-specific reading and a specific reading (except in certain cases; see the end of
this section). Following classical dynamic semantics, we assume that a plain indefi-
nite introduces a discourse referent via random assignment, as illustrated in (14). We
assume assignments to be a (partial) function from N to the set D of all entities in the
model, called the domain, and represent indices that trigger random assignment as
superscripts in the object language.®

for some (w, a) € ¢,
(14)  c[af,, train arrived] = { (w,a[8 — t]) t € D is a train in w and
t arrived in w

We express this function over contexts in our intermediate language simply as
Jxg(train xg A arrived xg).

Using -~ to mean ‘translates to (in the assertive dimension)’, we will henceforth
write (15) to mean the same thing as (14).

(15) af)lain train arrived > Jug(train xg A arrived xg)

This is informally paraphrased by ‘There is something zg such that it,, is a train and
it,, arrived.

indefinites to take unlimited wide scope in Section 6. I would like to thank Chris Barker (p.c.) for
asking me relevant questions.

SA version of DRT is another possible choice here, and it has some advantages. Most notably,
compositional translations from natural language have been already worked out (e.g., Muskens 1996,
Brasoveanu 2007). However, since we are not concerned with compositionality in the main paper and
I suspect that DRT would be harder to understand for those who are not familiar with it, I decided
to use a version of DPL, which is easily understandable for anyone who knows Predicate Logic. See
Appendix A for the full details of the intermediate language used here, including a sub-sentential
compositional translation from English.

®For any assignment a, for any n € N, and for any x € D and for any m € dom(a) U {n },

x ifm=mn
a(m) otherwise

aln — z](m) = {



3.2 Specific indefinites and dynamic presuppositions

Turning now to specific indefinites, I propose that a specific indefinite performs ran-
dom assignment in the presupposition, rather than in the assertive dimension of
meaning. To formalize this idea, I will assume a bi-dimensional theory of presup-
positions and represent the presuppositional and assertive content of an expression
separately. In what follows, ‘--+’ means ‘translates in the presuppositional dimen-
sion’, as opposed to ‘~~’, which means ‘translates in the assertive dimension’. The
proposal is illustrated in (16).

(16) a. afpeciﬁc train arrived --» Jxg train xg (presupposition)
b. afpeciﬁc train arrived -\~ arrived 3 (assertive meaning)

The two dimensions of meaning are interpreted as follows. As remarked in the
introduction, we adopt the Stalnaker-Heim view of presuppositions that the presup-
positional content 7 of a sentence is used to check if the input context is an admissi-
ble one by virtue of ‘satisfying’ 7. Following in the standard formulation of this idea
since Heim 1982, we define presupposition satisfaction with respect a context ¢ as
in (17) below, where [¢] is the function over contexts denoted by formula ¢ in the
intermediate language.

a7 c satisfies a presupposition = (written ¢ = ) iff for each (w,a) € ¢, there is
(w',a"y € c[r] such thatw = v’ and a < «'.
(18) a < diffforanyn € dom(a), a(n) = a'(n).

Note in particular that whenever ¢ = 7, no possible worlds in ¢ are eliminated. That
is, if c =7, then

{w | for some a, (w,ay e c} = {w' | for some d', (w',a") € c[n] }.

This means that presupposition satisfaction implies that the propositional content
of 7 is already known to be true in the input context, and hence redundant. As
will be important below, however, presupposition satisfaction does not require the
anaphoric content of 7 to be redundant. That is, even when ¢ = 7, we may have

{a | for some w, {w,ay € c} # {d' | for some v, (w',a") € c[x] }.

With this notion of presupposition satisfaction, we define the update rule as in
(19). Crucially, the presuppositional content 7 is used, not only in checking satisfac-
tion with respect to the input context ¢, but also to update ¢, before the update with
the assertive content .

(19) LetS --» 7rand S v~ a. Then:

([S] = {C[[?T]] [o] ifcen

# otherwise

Applying this to the sentence with a specific indefinite in (16), the update pro-
ceeds as follows.
(20) clad

specific train arrived]



) c[Fzs train zg] [arrived zg]  if ¢ > Jxg train g
# otherwise

Notice in particular that 3xg in the presuppositional content dynamically binds the
variable zg in the assertive content, which is ensured by the following equivalence:
For all ¢,

c[3zs train zg]| [arrived xg] = c[Jxg (train xg A arrived xg)]

This means that the sequential update with = and « in (20) has the exact same net
effect as the example with a plain indefinite we saw above. For easier comparison,
the analysis of plain indefinites is restated below in the same style. T is the formula
in the intermediate language that denotes the identity function over contexts. (Since
itis guaranteed that c>T for any ¢, the update will never incur presupposition failure
#, butitis kept in (22) for consistency.)

21)  a ap,,trainarrived --» T
b. af,lam train arrived -~ Jzg(train xg A arrived xg)

(22) clad train arrived|

plain
) e[ T][3xs(trainwg A arrived zg)]  ife=T
| # otherwise

Therefore, the sentences with plain and specific indefinites have the same update
effect, and their difference is entirely in the presupposition: The sentence with a
plain indefinite has no presupposition while the sentence with a specific indefinite
presupposes that there is at least one train. This presupposition is propositionally
very weak and the sentence is normally evaluated against a context that satisfies it, or
at least one where it is easy to accommodate it. Consequently, it might not be easy to
find direct evidence for this presupposition. To make the matter worse, the version of
the sentence with a plain indefinite might also have a pragmatic—though according
to the theory here, not a semantic—presupposition that trains exist, because if one
wished to assert that a train arrived without presupposing that trains existed, one
should perhaps first assert that trains exist and then say one arrived. If so, it is not
too farfetched to assume that packing the two pieces of information in one sentence
as in ‘A train arrived’ pragmatically favors a context that already presupposes there
to be a train. Given such considerations, I suspect that convincing evidence for the
proposed difference in semantic presupposition between the two simple sentences
is very hard to come by. Thankfully, a more obvious difference between plain and
specific indefinites will arise when we let the presupposition of the specific indefinite
project through non-veridical operators. We will consider below two such operators,
namely, negation and conditional.

3.3 Wide scope via presupposition projection

Let us start with negation. The meaning of not we assume is as in (23). For the sake
of simplicity, I simplify the syntax and semantics of not by treating it as a sentential
operator for expository purposes (see Appendix A for VP-level negation).

23) IfS --» rand S ~~ o, then:
a. notS --»7



b. notS v —q

As stated here, negation only negates the assertive content « of S, projecting out its
presuppositional content 7.” Here are some details about what — does in the in-
termediate language: —¢ eliminates all world-assignment pairs in the input context
that would survive the update with ¢, which may involve random assignment:?

24)  c[—¢] = {{w,a) € ¢ | forno bsuch thata < b, (w,b) € ¢[¢] }

If a plain indefinite occurs under negation, 3 in the meaning will take scope below
— in the meaning, as illustrated in (25). For the purposes of illustration, we place the
indefinite in subject position, while the negation occurring above it.

(25) c[not [af;lain train arrived] ]

_ )l T][—3zs(trainzg A arrived xg)]  ife=T
# otherwise

This does not entail that there is a train. If the indefinite is a specific indefinite, on
the other hand, the existential quantifier will take scope over the negation, as the
presupposition containing it will project, as in (26).

(26)  c[not [ag,,q, train arrived]]

) c[Fzs train zg] [arrived wg]  if ¢ = Jwg train g
# otherwise

In particular, the following equivalence holds for any ¢:
c[Txs train zg] [ —arrived xg] = c[Jzg (trainzg A —arrived )]

Therefore, the meaning corresponds to the wide scope reading of the sentence, and
as a consequence, the sentence entails that there is a train, unlike the version of the
sentence with a plain indefinite.

For simple negative sentences like A train did not arrive and Alex did not take a
train, it is not necessary to account for the wide scope reading of the indefinite as
a specific indefinite, since a standard scope shifting mechanism (such as Quantifier
Raising; or for a subject indefinite, potentially just A-movement to the surface posi-
tion) should be enough to derive a wide scope reading with a plain indefinite. That
reading would differ from (26) in that it should have no existence presupposition,

’As mentioned before Beaver 1992 also proposes a theory where presuppositions have update ef-
fects, but his negation only projects the propositional content of its argument without projecting its
anaphoric content. I thank Pavel Astafiev (p.c.) for pointing this out to me.

8A technical note is in order here: It is necessary to guarantee no information loss, or ‘downdate),
to be possible, in order to properly define — (or V), an issue that doesn't arise in a distributive system
like the original version of DPL. The only device that could lead to a downdate in the present system
is random assignment, and we prevent it from causing downdate by making use of the partiality of
assignments as follows.

(D a. cedom([3z,¢]) iff for no (w,a) € ¢, n € dom(a).
b.  Whenever ¢ € dom([3z,¢]), c[Fz,0] = {{w,a[n — d]) | {w,a) e c A de D} [d]

We will however try to gloss over this complication in the main text (see Appendix A for some more
discussion).
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but as remarked above, it is not empirically easy to detect this presupposition itself,
as its propositional content is very weak. Let us therefore consider a case of a non-
veridical operator that involves a scope island, namely, the conditional antecedent.

Developing a serious analysis of conditionals would arguably require intension-
alization of the entire theory, which I would like to avoid here, so I will adopt the
material implication analysis of conditionals for the sake of illustration.

(27) IfSl -=3 T, Sl o (X, SQ -=2 T9, and 82 > (Y9, then:

d. ifSl, then SQ -—> (7'('1 A (Oél - 7T2))
b. ifSl, then Sg N aed (051 — (1/2)

— in the intermediate language defined in terms of — and A:

[(¢ =) =[~(¢ A —¥)]

The material implication analysis of conditionals is known to suffer from a number
of empirical issues, but that does not matter much for our purposes, because what is
crucial is how presuppositions project from conditional antecedents, which I believe
is less controversial than their assertive meaning. In particular, it is widely accepted
that the presuppositional content 7; of the antecedent simply projects out, as in the
first conjunct of (27a).°

With the above analysis of conditionals, let us first analyze an example involving
a plain indefinite in the antecedent. The predicted meaning is illustrated in (28). We
abstract away from the consequent by assuming it to be an arbitrary sentence S such
thatS --» mand § v a.

(28)  a. if[a},,, trainarrives], S --» (T A (Jzs(trainzg A arrivesag) — 7))
b. if[a},;, train arrives], § v~ (Jug(train zg A arrivesag) — «)

Importantly, 3xg takes scope below — in both the presupposition and assertion.
Consequently, neither dimension of meaning entails the existence of a train and the
sequential update with them in (29) will not result in a context that entails the exis-
tence of a train.

. . . c[P][A] ifc=P
(29) clif [a3, . train arrives], S| = )

[ [2p1ain 'S # otherwise
where
a. P= (T A (Jxg(trainzg A arriveszg) — )); and
b. A= (Jzg(trainzg A arrivesxg) — «)

If the indefinite is specific, on the other hand, the existential quantifier, being part
of the presupposition, will project out of —, as in (30).

(30) a. if [afpeciﬁc train arrives], S --» (Jzg trainxg A (arriveszg — ))
b. if[a],, g train arrives], § v (arrives g — «)

c[P][2] ifc=P

specific # otherwise

Bl  c[if [} g train arrives], S| = {

9The second conjunct is the conditional presupposition that Geurts 1996, 1999 argues to be prob-
lematic, the so-called ‘proviso problem’). This issue is orthogonal and we will stay away from it. There-
fore, I will not discuss conditional examples with specific indefinties in the consequent.
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where
a. P = (Jdxgtrainzg A (arriveszg — 7))
b. A= (arriveszg — «)

Thanks to the projected presupposition ‘Jzs train z’, therefore, the update with the
presuppositional meaning in (30a) will give rise to a context with a discourse referent
for a train, unlike the version of the sentence with a plain indefinite. Notice also that
the propositional content of the sequential update amounts to that there is a train
and if that train arrives, the consequent holds, which is the wide scope reading of the
indefinite.

Crucially, furthermore, the conditional antecedent being a finite clause, a stan-
dard scope-shifting mechanism, by assumption, cannot bring about a reading like
this with a plain indefinite. Thus, this example nicely demonstrates that the mecha-
nism of presupposition projection yields a wide scope reading that is otherwise un-
available.

3.4 Interim summary

To summarize the most important aspect of the proposal, a plain and a specific in-
definite differ with respect to whether random assignment is triggered in the as-
sertive meaning or in the presupposition, as illustrated by the following examples
repeated from above.

(22)  c[ap,, train arrived]

) e[ T][3zs(trainzg A arrived vg)|  ifc>T
# otherwise

(20) c[ad

specific train arrived]

) c[Fzs train zg] [arrived zg]  if ¢ > Jxg train g
# otherwise

Note that this analysis can be seen as characterizing the interpretive effect of
specificity marking (such as Differential Object Marking in Turkish): Specificity mark-
ing corresponds to 3 in the presupposition. We remarked above that it is generally not
easy to find convincing evidence for the difference between the above two updates,
namely, the existence presupposition of the specific indefinite, but it appears that
speakers generally feel some interpretive difference between a plain and a specific
indefinite when the language offers an overt way of marking the latter, which could
be understood under the current theory in terms of the dynamic existence presup-
position it encodes. Furthermore, as explained above, the difference between plain
and specific indefinites becomes more palpable when the sentences are embedded
under non-veridical operators like negation and conditionals: The specific indefinite
gives rise to wide scope readings via presupposition projection.

The proposed theory is also flexible enough to account for indefinites that lack
specific readings. For instance, bare plurals in English (under the existential reading)
and NPs with modified numerals (as opposed to bare numerals) are considered to be
such indefinites that lack specific readings (see Carlson 1977, Van Geenhoven 1998,
Dayal 2011 for bare plurals; Cresti 1995, Reinhart 1997, Ebert 2021, Ruys & Spec-
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tor 2017 for modified numerals). Similarly, when used as pivots in there sentences,
indefinites do not seem to give rise to specific readings.!® Assuming that these em-
pirical claims are correct, we can analyze them simply as indefinites that are unam-
biguously plain. We certainly ultimately wish to understand why these indefinites
lack specific readings, especially those that cannot be analyzed in terms of lexical
stipulations, but I leave it open for now, with a remark that according to the present
theory, the reason should have to do with dynamic presuppositions.

3.5 Remarks on dynamic presuppositions

What crucially enables the proposed analysis of specific indefinites is dynamic pre-
suppositions. As remarked before, whenever a presupposition is satisfied with re-
spect to a context ¢, its propositional content is guaranteed to be inert with respect
to ¢, but it can still have non-trivial anaphoric effects. Most previous research on
presupposition focused exclusively on the propositional content of presuppositions,
but for the current theory, they are assumed to have anaphoric content as well, and
it is used to update the context of utterance according to the update rule in (19).

(19) LetS --» 7rand S v~ «. Then:

8] = {C[[?T]] [of ifcen

# otherwise

This view might strike one as odd in that the presuppositional content 7 is used
twice, once for satisfaction check and once for updating ¢, whereas the assertive con-
tent « is used only once. This asymmetry, however, would disappear if we adopted
the full Stalnakerian view, according to which presuppositions and assertive mean-
ings both impose felicity conditions on the context of use. Stalnaker’s core intuition,
as [ understand it, is that presuppositions are backgrounded information and must
be redundant (or more generally unremarkable), with respect to the context of ut-
terance, while assertive meanings are foregrounded information and must not be
redundant (or unremarkable) with respect to the context (see Stalnaker 1973, 1974,
1978, among others). We can incorporate this idea in the update rule as follows.!!

(32) LetS --» 7rand S ~» «. Then:

S| - {cm o] ifcerandesa
# otherwise

According to this update rule, both the assertive meaning and presupposition im-
pose felicity conditions, and when the felicity conditions are met, both are used to

19A more subtle case is that a indefinites with light NPs in English seem to favor plain readings
(e.g., Fodor & Sag 1982, Geurts 2002, Endriss 2009). However, it is not clear if this is a grammatically
encoded restriction or merely an extra-grammatical preference. See Ionin 2010 for relevant experi-
mental data and discussion.

Recall that = amounts to propositional redundancy. See Sudo 2017 for a different non-
redundancy condition on assertive meaning that allows it to be propositionally redundant, if it is not
anaphorically redundant.
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update the context. I think this is conceptually more favorable, but for the sake of
simplicity, I will ignore the felicity condition on assertive meanings in this paper.'?

Dynamic presuppositions are not only conceptually natural, but also empirically
motivated independently of specific indefinites. Elliott & Sudo 2021 argue that the
contrast of the following sort provides evidence for them.

(33) a. Danielisn’t aware that there is a mistake in his proof. It is major.
b. Daniel isn't certain that there is a mistake in his proof. 2?1t is major.

Elliott & Sudo interprets the contrast in the felicity of pronominal anaphora here
as follows. That the indefinite in bold cannot antecede the underlined pronoun in
(33b) is as expected, given the negation in the matrix clause, which generally disrupts
anaphora. What is surprising is that the anaphoric relation can be established in the
factive version of the example in (33a). This is explained, if the factive presupposi-
tion, projected through the negation, is a dynamic presupposition that introduces a
discourse referent.!
Elliott & Sudo also point out that dynamic presuppositions trigger (weak) crossover

effects. For instance, the pronouns in (34) cannot be bound by the indefinite.

(34) ??Her co-author isn’t aware that there is a female philosopher in the audience.

If the factive presupposition projects and introduce a discourse referent, it is ex-
pected that her should be able to be anaphoric to it, contrary to fact. We will not go
here into the details of how crossover effects could be accounted for, but the general
takeaway from (34) is that we ultimately need a general theory of crossover that not
only targets quantifiers but also presuppositions. This is relevant for the proposed
theory of specific indefinites, because specific indefinites also trigger crossover ef-
fects. To see this, consider the following examples.

(35) a. Astudentin my class met with her supervisor this afternoon.
b. ??Her supervisor met with a student in my class this afternoon.

The possessive pronoun her can be bound by the indefinite in (35a), which is unsur-
prising, regardless of whether the indefinite is plain or specific. (35b), on the other
hand, does not allow for a bound reading of the pronoun. It is assumed that the stan-
dard binding mechanism cannot establish an anaphoric relation in a crossover con-
figuration like this (see, e.g., Biiring 2004, Shan & Barker 2006, Barker & Shan 2014,
Chierchia 2020 for theories), but the theory of specific indefinites proposed above
introduces a backdoor—presupposition projection. That is, assuming that the in-
definite in (35b) is specific, the sentence should presuppose that there is a student in
my class; if this dynamic presupposition is processed first, it should feed anaphora.

12] should note that the resulting theory is not fully Stalnakerian in that we see contexts to be sets
of world-assignment pairs, rather than simply sets of possible worlds. Stalnaker 1998 suggests a way
to eliminate assignments in the theory of anaphora, but does not offer a fully worked out theory.

31t appears that other inferences may also introduce discourse referents. For instance, the
anaphora in the following example does not seem to be impossible, despite the fact that it lacks fac-
tivity.

() Daniel doesn’t seem to think that there is a mistake in his proof. But it is major.

This is likely to be because it is inferable from the first sentence that Daniel is wrong and there is in
fact a mistake in his proof, and this inference introduces a discourse referent.
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To prevent it, we would need a theory of crossover that applies to dynamic presup-
positions as well as to quantifiers.

4 Quantifiers

Having presented the core of the proposal, we will now turn to the interactions be-
tween specific indefinites and quantifiers. Sentences containing quantifiers with
specific indefinites underneath are known to pose recalcitrant issues for previous
attempts to formally flesh out the presuppositional approach to specific indefinites
(see Appendix B), and as we will discuss, they do pose some challenges for the cur-
rent theory as well. Crucially, however, I will show that the challenges can be ad-
dressed with some additional theoretical machinery that has to do with plurality and
distributivity that has been given independent motivation from plural anaphora.

We will mainly discuss universal quantifiers, and introduce the additional formal
machinery step by step. Other quantifiers are mentioned in Section 4.6.

4.1 Nuclear scope

Let us first consider what will happen when an indefinite occurs in the nuclear scope
of a universal quantifier as in (36).

(36) Every cat saw a mouse.

What the current theory predicts for a sentence like this depends on how a presuppo-
sition triggered in the nuclear scope of a universal quantifier projects. The literature
on presupposition projection is more or less in agreement on this question: The pre-
suppositions project universally with respect to the domain of quantification (Heim
1982, 1983, Beaver 2001, Chemla 2009, Sudo 2012). To see this concretely, consider
the following example with the VP woke up, which presupposes that the subject was
asleep up to the event time.

(37) Every cat woke up.

The entailment of this sentence that every cat was asleep survives embedding under
various non-veridical operators, as in (38), suggesting that it is a presupposition of
the sentence.

(38) a. It's not true that every cat woke up.
b. Perhaps every cat woke up.
c. Ifevery cat woke up, I should feed them.

d. Did every cat wake up?

The following semantics for every cat encodes this projection profile in the sec-
ond conjunct of the presupposition in (39a).

(39) IfVP --» 1, VP v

a. every'catVP --» (13z, catz, A Va,(catz, — mz,))
b. every"catVP - Vz,(catz, — az,)

The first conjunct of (39a) is the existence presupposition. As a matter of fact, the
existence presupposition does not seem to feed anaphora, so it is stated with the
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closure operator ! (formally defined as double negation ——) in front of 3z,,, which
stativizes the meaning and blocks dynamic anaphora. When we discuss how the re-
strictor NP is interpreted below, this existential quantifier will be replaced by some-
thing else, so let us not dwell on it.

Applying this analysis to the example in (39), we obtain (40).

(40)  Every® cat woke up

a. --» (1dwgcatws A Vaos(catazs — asleepxy))
b. v Vaz(cat zz — woke.up ;)

The predicted presupposition here is the conjunction of the existence presupposi-
tion that there is at least one cat and the projected presupposition that every cat was
asleep. The assertion on the other hand says every cat woke up. This captures the
intuitive meaning of the sentence.

With the above analysis of every at hand, let us now consider what will happen if
the VP contains an indefinite. First, suppose that the indefinite is a plain indefinite.
Assuming the proposal from the previous section that plain indefinites have no pre-
suppositions (or equivalently their presuppositions are tautologous), we will end up
with:

(41)  Every’ catsaw ay,, mouse

a. --» (IJzzcatas A Vas(catay — T))
b. v~ Vag(catxs — Jz7(mousez; A saw x3x7))

Since the second clause of the presupposition in (41a) is vacuously true, the presup-
position of the whole sentence is simply the existence presupposition that there is a
cat. The assertion in (41b) says that every cat saw at least one mouse.

Suppose now that the indefinite is specific. In that case, we would like to have
a wide scope reading of the indefinite. However, the analysis so far fails to derive
it. Specifically, given the proposal from the previous section, the predicted meaning
will be as follows, where 3 appears in the presupposition.

(42) Every’ cat saw

a. --»(1Jzzcataz A Vas(catzs — Jzy mousexy))
b. v Vrg(catxsz — saw xzxy)

7
aspeciﬁc mouse

In Predicate Logic, we have the following equivalence (with | = ——).
(1Jxg cat x3 A Vaz(catzz — Jxy mouse 7)) < (!3dx3 cat 3 A Jz7 mouse z7)

However, in our dynamic logic, this equivalence does not hold, because Vz; is ‘ex-
ternally static’'—i.e., Vx3¢ makes the discourse referents introduced in ¢ inaccessi-
ble from outside—while 3z; mouse z; is externally dynamic—i.e., 3z; can dynami-
cally bind z;. More specifically, ¥ is defined as the dual of 3: For any ¢, ¢[Vz,¢] =
c[—3x,—¢]

Since — blocks anaphora from outside, Vz, ¢ is externally static. This is problem-
atic, not only because we are not accounting for the wide scope reading, but also be-
cause z7 in the assertive content of (41) will be unbound in the update. Concretely,
with the meaning in (42), the update will proceed as follows.
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c[P][A] ifc=P
43 Every® catsawa’ .. mouse| =
( ) C[ l'y3 specific ] { # 0 th e I'Wi se

where

a. P = (!3xzcatzs A Vas(catxs — Jxy mousey))
b. A= Vaxz(catzy — saw z3xy)

The sequential update with the presupposition and assertive meaning will leave the
last occurrence of z; in the latter unbound, while we want it to be somehow bound
by 3z-. In order to address this issue, I will make use of plural predication.

4.2 Plural predication

I propose that the presupposition of every does not involve ¥, but plural predication
as in (44). We use the supremum operator oz,[¢]. Roughly, it denotes the sum of
individuals z,, that make ¢ true, e.g., ox3[cat 23] represents the plurality consisting of
all cats (in a given world).

(44) IfVP --» 7, VP v q,

a. every"catVP --» (132, catz, A moxs[catzs))
b. every”catVP v Yz, (catz, — az,)

This accounts for universal projection with the help of the distributivity operator 6.
Concretely, we assume that the presupposition of the VP woke up is inherently dis-
tributive, as guaranteed by § in (45).

(45)  Every® cat woke up
a. --» (dzzcatzs A 5§§3[catx3] [asleep x3])
b. v~ Vrg(catxz — woke.up z3)

9 is essentially a universal quantifier whose domain is indicated by the subscript—
oxs|catxs] in this case—so there is no obvious difference from the previous analy-
sis in (40). But this change makes a crucial difference in our example with a spe-
cific indefinite in the nuclear scope of every cat. In this case, the presupposition
of the VP contains no distributivity operator, simply because the presupposition is
non-distributive, and denotes a constant function from (dynamic) individuals to
[3z7 mouse z7]. Thus, feeding the (dynamic) plural individual [oz3[catxs]] to this con-
stant function yields [3x7; mouse x7]. Therefore, with the revised semantics for every
cat, we will arrive at the following meaning.

7
(46)  Every’ catsaw aj,, ;. mouse
a. --» (!dzzcatxs A Jx7 mouse x7)

b. v~ Vag(catzs — saw xzxy)

Importantly, 3z; in the presupposition will successfully dynamically bind z; in the
assertive meaning as a result of sequential update with the presupposition and as-
sertive meaning, as in (47).

c[P][2] ifc=P

47 c|Every® cat saw a’__ .. mouse| =
(47) [ l‘y3 specific ] { # otherwise
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where

a. P = (!3xzcatzs A Jz7 mouse x7)
b. A=Vaxs(catxs — saw z3x7)

In words, the presupposition is satisfied in a context where there is a cat (the exis-
tence presupposition of every) and there is a mouse (the vacuously projected pre-
supposition of the specific indefinite). The update effect amounts to that there is a
cat and there is a mouse and every cat saw the mouse. This is the wide scope reading
of the indefinite, as desired.

4.3 Distributivity and quantificational subordination

In the above analysis we achieved what we wanted to achieve, thanks to the absence
of a distributivity operator in the presupposition of a specific indefinite. There are,
however, cases where a distributive operator must be present. Consider (48), with
the bound reading of he pronoun it.

(48) Every cat ate a mouse it saw.

This particular sentence in English does not specify whether the indefinite is plain or
specific, so let us consider both options. The plain reading poses no particular issue.
It is analyzed as (49).

(49)  Every’ cat ate aglain mouse it; saw
a. --» (Fzzcatzs A T)
b. v Vas(catzs — Jz7(mouse z7 A saw z377 A atexs, T7))

The presupposition is simply the existence presupposition that there is a cat and
the assertive meaning represents the narrow scope reading (which is the only scopal
possibility of the example at hand due to the bound pronoun).

What will happen if the indefinite is read specific? According to the analysis so
far, the predicted meaning will look as follows.

(50)  Every’ catate aj. ;. mouse it; saw
a. --» (Hascatwy A G5 1. ,.[FT7(mouse 27 A saw a327)])

b. v~ Vag(catxs — atexzxy)

There is an issue here: The variable z; in the assertive meaning (50b) is not bound
again!

For this example in English, one could potentially maintain that the unbound
variable x; causes a crash in the interpretation and consequently this reading is un-
available. However, in a language with specificity marking, specificity marking seems
to be compatible with a configuration like this. For instance, the following Turkish
sentence with accusative marking seems to be acceptable.

(51) Her kedi pro gordiigi bir fare-yi yedi
every cat pro saw one mouse-ACC ate
‘Every cat ate a mouse that it saw.’

It is entirely possible that the specificity marking here does not correspond to the
notion of specificity I am after (but domain specificity, for example; see fn. 2), but I
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take it to suggest that it would be desirable to derive a specific reading in this example
too.

In order to achieve that, I propose to revise the semantics of every cat with § in
the assertive meaning, in place of V, as in (52b).

(52) IfVP --» 1, VP v

a. every"catVP --» (13z, catz, A mozs[catrs))

b. every"catVP v o7\ [aw,]
Applying this analysis to (48) will yield the following meaning with 472 ..., in
both the presupposition and assertive meaning.

(53) Every3 catatea’ mouse it; saw

specific
a.  --» (Hascatwy A G5 1. ,.[FT7(mouse 27 A saw 2327)])
b, o 608t [t 327

How does this solve the binding issue? I propose that it solves the issue thanks to
so-called quantificational subordination. Quantificational subordination is a phe-
nomenon where an anaphoric relation is mediated by distributive quantification.
An example of this is given in (54).

(54)  The cats all saw a mouse. Then they all ate it.

Importantly, even when a mouse in the first sentence is understood to take narrow
scope below the distributivity operator all, it in the second sentence can be read as
bound by it. It is considered that within the scope of distributivity operators that dis-
tribute over the same plurality, as in this example, pronominal anaphora happens as
if it is not embedded. Based on this observation, Van den Berg 1996 proposes a for-
mal theory of quantificational subordination where the distributivity operator ¢ has
the function of mediating anaphora within its scope by recording and dynamicaly
passing on the necessary anaphoric information. For instance, the sequence of sen-
tences in (54) is analyzed as performing the sequential update in (55). To simplify, I
will focus on the assertive meaning of this example.

(55) [{5;5363 ca,“53](331:7(mouse T7 A Saw x:»,:w)ﬂ Héiig[catm](ate x3x7)ﬂ

I need to put aside the formal details aside (see Appendix A), but in this representa-
tion, z7 is dynamically bound by 3z thanks to 4,2 ;» which commonly occurs in
the two updates.'*

By the same token, z; in (53b) will also be bound by 3z in (53a) in the sequential
update with the presupposition followed by the assertive meaning, as in (56), which
is entirely parallel to (55).

cat x3

4Nouwen 2003, 2007 points out that the formulation in Van den Berg 1996, which we adopt here,
undergenerates, because within the scope of 4, it is predicted that it is impossible to refer to the orig-
inal value of the variable it operates on—z3 in the following example—or to the totality of the mice,
but such anaphora is possible. He offers a theory that circumvents these undergeneration issues by
ensuring that no information gets lost. It would be simply technical routine to graft this theory onto
our proposal, but we will stick to the current version.
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PJ[A] ifc=P
(56)  c[Every® cat ate a’ mouse it; saw| = {C[[ Jia} ifee

specific # otherwise
where
a. P=(dzgcatas A 0y5 1, (Fz7(mouse 7 A saw 2327)))
_ X
b. A= 60’23[catx3] [ate 1’3ZE7]

In the resulting reading, the presupposition is satisfied in a context that entails that
there is a cat and every cat saw a mouse, and the sequential update amounts to that
the cats all saw a mouse and they all ate it. Notice that this sequential update is
identical to what would happen with a plain indefinite, but there is an additional
presupposition this time, similarly to the case of unembedded smile sentences.!®

4.4 The distribution of §

Recall that we derived the wide scope reading of (36), repeated below, on the as-
sumption that there is no ¢ in the presupposition.

(36) Every cat saw a mouse.

With the revised analysis of every cat with ¢ in the assertive meaning, the wide scope
reading of this example is now represented as (57).

7
(57) Every® cat saw Ao cifc MOUSE
a. --» (!dzzcatzs A Jx7 mouse x7)
€3
b. WV SN 50903 [cat 23] [saw JZ3I7]

Notice that had there been a ¢ in the presupposition, as in (58), we would derive
a narrow scope reading via the mechanism of quantificational subordination:

(58)  a.  (Has(catzs) A 673 (et [F7 mouse z7])
b, 077 (catas) [52W T327]

This narrow scope reading differs from the reading with a plain indefinite in that its
presupposition entails that there is a mouse. While it appears difficult to find direct
evidence for this reading of the example, it seems desirable to have this ambiguity,
for reasons independent of specific indefinites. To see this, consider the following
sentence, where the indefinite does not allow for a specific reading due to the there
construction.

(59) Every cat is unaware that there is a mouse.

This example has a factive presupposition that there is a mouse. Since we assume
that it is a dynamic presupposition, we should also ask about its anaphoric poten-
tial. In particular does it simply introduce a discourse referent representing a mouse,
or does it introduce a potentially different mouse for each cat, licensing quantifica-

I5The sentence is judged as infelicitous, if it is commonly known that the cats all saw exactly one
mouse, but the analysis offered here, on its own, fails to account for it. however, this is arguably part of
a general constraint on the use of an indefinite that blocks it whenever its definite counterpart could
be used (Hawkins 1978, 1991, Heim 1991). I will not offer an explicit account of it here.
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tional subordination in a subsequent sentence? It seems that both anaphoric possi-
bilities are available, as evidenced by (60).

(60) a. Rightnow, every cat is unaware that there is a mouse. It is hiding behind
the sofa.
b. Right now, every cat is unaware that there is a mouse. But sooner or later
they will all catch it.

To capture both anaphoric possibilities, let us assume that § can be optionally present
in the presupposition. When it is present, it licenses quantificational subordination,
as in (60b), while when it is absent, the presupposition introduces a single discourse
reference representing one mouse.

This is reminiscent of optional distributivity for sentences like (61): It can be read
as each boy eating one pizza, which is the distributive reading, or as the boys sharing
one pizza, which is the collective reading.

(61)  The boys ate one pizza.

This ambiguity is standardly captured by positing a covert distributivity operator A
in the object language. The version of the sentence with A corresponds to the dis-
tributive reading and the version without corresponds to the collective reading.'®

(62) a. The boys A ate one pizza. (Distributive)
b. The boys ate one pizza. (Collective)

Extending this analysis to the presuppositional case, we distinguish two versions of
A: A, introduces distributivity in the assertive dimension of meaning (in examples
like (62)), while Ap introduces distributivity in the presuppositional dimension of
meaning, as in (63).!” In this representation, ¢ in the presupposition (63a) comes
from Ap (recall that every itself is non-distributive in the presuppositional dimen-
sion), while § in the assertive meaning (63b) is due to the inherent distributivity of
every.

(63)  Every’ Ap catsaw azpeciﬁc mouse
a. --» (Fzzcatazs A 5§i3[catx3] [Fz7 mouse 7))
b, o 000 ot [SAW T327]

This concludes our analysis of specific indefinites in the nuclear scope of univer-
sal quantifiers. Here is a summary: According to our analysis, there are three read-
ings: (i) a plain reading which is a narrow scope reading without a presupposition,
(64); (ii) a specific reading without 9, (57), which is a wide scope reading; and (iii) a
specific reading with 4, (63), which is a narrow scope reading with a presupposition.

16Alternatively, we can assume that A is always present with this type of predicates but control the
reading by relativising it to different covers: a total cover gives rise to full-on distributivity, a singleton
minimal cover to (scope-less) collectivity, as proposed by Schwarzschild 1993. A, proposed below
could be given a similar analysis.

”Note that I am not encoding homogeneity, which would be appropriate for A 4 (NB: § in the inter-
mediate language is simply a universal quantifier). To account for it, one can use one’s favorite theory
of homogeneity (e.g., Kriz 2015, Bar-Lev 2021). As for Ap, it might also give rise to homogeneity ef-
fects, but because presuppositions do not get negated, it is not clear at this point if that is necessary.
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(64)  Every’ catsawaj,, mouse

d. ——-)!Elil?g catxs
z3
b. (SMS[C“IS] [J27 mouse z7 A saw z317]
7
(57)  Every’ catsaw aj,, ;. mouse
a. --» (!dzzcatzs A Jx7 mouse x7)
z3
b, o 000 ot [SAW X327
7
(63) Every® Ap cat saw Al ocific MOUSE
__ | T3
a. > (Hascatas A 073 | ey [Fo7 mouse a7])
T3
b. o 00 1 [SAW T3 7]

When the presupposition needs to be distributive as in ‘Every cat ate a mouse it saw’,
the second option becomes unavailable.

4.5 Restrictor

Having accounted for indefinites in the nuclear scope of universal quantifiers, let us
now turn to indefinites in the restrictors of universal quantifiers. Again, we need to
know the general pattern of how presuppositions project from the restrictors of uni-
versal quantifiers, but unfortunately, there is not much discussion in the literature on
this point. Rather, most existing discussion seems to be about how they should not
project, in light of blatantly wrong predictions made by some existing theories (e.g.,
Heim 1982 predicts that everything in the domain of the model satisfies the presup-
position). In order to evaluate the present theory of specific indefinites, however, we
need to make some commitments. While I cannot offer a comprehensive account,
but in order to develop a reasonable analysis, let us start with the following example.

(65) Every cat that woke up yawned.
What does this presuppose? My tentative answer is the following analysis.

(66) IfNP --» 7w, NP v~ q,
a. every’NPyawned --» (3z, 72, A T, = oz, [ax,])
b. every” NP yawned ~~ 07" [yawned z,,]

In words, the presupposition (66a) says that there is some individual z,, (usually a
plurality) for which the presupposition 7 of the NP holds, and that individual is iden-
tical to the plurality consisting of all the individuals for which the assertion « of the
NP holds. Note that this entails the existence presupposition that there is at least one
individual that satisfies «, given that variables must denote. Therefore, we need not
state the existence presupposition separately anymore.!®

Applying (66) to the example at hand, we obtain. Recall that we assume that the
presupposition of woke up is inherently distributive.

(67)  Every® cat that woke up yawned
a. --» (Jue (53?2 [asleep x6] A w6 = owg[035[cat] 26 A woke.up z)])

18In fact, we cannot state it separately in this intermediate language, because 3 does not allow re-
binding (unlike ¢ and ¢), as discussed in fn. 8.
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b. w §7%[yawned 4]

The presupposition states that there is some individual that is made up of individu-
als that were asleep and it is identical to the sum of all cats that woke up. The asser-
tion states that each of these individuals yawned. This captures the intuitive mean-
ing of the sentence. Notice that the presupposition of the restrictor NP existentially
projects in the sense that whenever the presupposition is satisfied, there must be at
least one cat that was asleep (and woke up).

Now, what if the restrictor contains an indefinite? If the definite is plain, the pre-
dicted meaning is as follows.

(68)  Every’ cat that saw a;,, mouse yawned

a. --» (JwgT A wg = owg[0;8[cat ws A Jr3(mouse w3 A saw x673)]])
b. w~~ §7¢[yawned 6]

The presupposition simply amounts to an existence presupposition that there is at
least one cat that saw a mouse.
More interestingly, if the indefinite is specific, we obtain the following meaning.

(69)  Every’ cat that saw aj ;s mouse yawned
-—+ (Jze3x3 mouse 3 A 16 = ox6[05 [cat 26 A saW z6T3]])
w676 [yawned 26

This is a wide scope reading: The presupposition states that there is an individual x¢
and there is a mouse x5 and z is identical to the sum of all cats that saw z5.
With the optional Ap, we can also derive a narrow scope reading.'?

(70)  Every’ cat that Ap saw a; ;5. mouse yawned
——+ (26635 [3r3 mouse w3] A x5 = ga6[05¢[Cat zg A saw wgw3]])

v 676 (yawned 1)

The presupposition does the following. It says that there is an individual z4, and
for each of its atomic component, it introduces a mouse x3; then it says that z¢ is
identical to the sum of all individuals each of whom is a cat and saw the mouse z3
that it is paired with. This is a narrow scope reading.

As in the case of the nuclear scope, the possibility of optionally inserting Ap is
independently motivated by the felicity of both types of anaphora in (71).

(71)  Every cat that is unaware that there is a mouse yawned.

a. Itis hinding behind the sofa.
b. They will all eventually catch it.

Putting together what we developed in the preceding subsections, our final anal-
ysis of every looks like this:
(72) IfNP --» 7p, NP v~ ap, VP --3 g, VP v g,

a. every"NPVP --» (3z,mrx, A 2y = o[ Ty]) A s Tp)
b. every” NP VP ww 67" [ag 2, ]

9This enables donkey anaphora (in the existential reading), thanks to quantificational subordina-
tion.
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The analysis offered here is a major improvement over previous incarnations of
the presuppositional approach to specific indefinites, for which quantificational sen-
tences are known to pose a particularly difficult problem, so much so that they have
sometimes been regarded as a major shortcoming of the presuppositional approach
as awhole. I have just shown that they are not a problem.

The rest of this section discusses two further issues that have to do with quantifi-
cation, namely, other quantifiers and intermediate scope readings. The discussion
will be open-ended in certain respects, and if one wishes, one could jump to the next
section without losing the main thread.

4.6 Other quantifiers

The analysis of every we arrived at above can easily be adapted for other quantifiers
that trigger existence presuppositions and project the presupposition of the nuclear
scope universally, simply by changing the assertive meaning appropriately. For in-
stance, (the strong use of) no, which is considered to have this presupposition pro-
file, can be given the following analysis with /—a universal quantifier—taking scope
over negation.

(73) IfNP --» 7, NP v~ ap, VP -3 g, VP v g,
a. no"NPVP --»> ((3x, mrx, A x, = ox,[arx,]) A T 24)
b. no"NPVP v 620 [—agx,]

Let us apply this analysis to some concrete examples. (74a) presupposes that
every cat was asleep, as predicted by this analysis. Furthermore, we predict the
same scope possibilities for (74b) as the example with a universal quantifier analyzed
above, which seems to be a reasonable prediction.

(74) a. No cat woke up.
b. No cat saw a mouse.

There are, however, reasons to be unsatisfied with the above analysis of no. Firstly,
a decompositional analysis of no in terms of negation taking scope over an existential
quantifier, rather than ¢ over —, would arguably be more desirable (Rullmann 1995,
Abels & Marti 2010, Penka 2011). I have to leave open how such an account could be
achieved in the present framework. Secondly, no has a ‘weak’ use, as in (75) (Milsark
1977, McNally 2019).

(75) a. There was no cat that fell asleep.
b. There was no cat that woke up.

It is fair to say that not much attention has so far been paid to how the weak-strong
distinction affects presupposition projection, but an issue that seems particularly
difficult to tackle is that in the general case, weak no does not have that the restrictor
is non-empty, e.g., (75a) does not entail the existence of a cat, but with a presuppo-
sition trigger, as in (75b), it seems that the sentence does entail the existence of a cat
(that was asleep). The analysis above clearly cannot capture the weak use. In partic-
ular, it always has an existence presupposition, although that is arguably appropriate
for the ‘strong’ use of no. I will not attempt to capture the weak use here.

I would also like to discuss some. Similarly to no, some has strong and weak uses.
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Besides the weak-strong distinction, furthermore, it gives rise to an additional com-
plication: As an indefinite, some has plain and specific readings. Importantly, the
plain-specific distinction is to be distinguished from the weak-strong distinction. For
one, strong some does not always give rise to exceptional wide scope, so it has a plain
and specific reading. Concretely, it is considered that only strong quantifiers can be
subjects of individual-level predicates, but narrow scope readings are still possible
with such predicates in complex sentences, as illustrated by (76).

(76) a. Ifsome of John’s relatives are Chinese, I'll be surprised.
b. Mary doubts that some of John’s relatives are tall.

In addition, those existential quantifiers that do not seem to have specific readings
also have weak and strong readings. For instance, modified numerals do not seem
to give rise to exceptional wide scope readings (Cresti 1995, Reinhart 1997, Ebert
2021, Ruys & Spector 2017), suggesting that they lack specific readings, but they can
perfectly well function as the subjects of individual-level predicates—so they have
strong readings—and can appear in there-sentences—so they have weak readings.

One implicational relation that seems to hold between the strong-weak and plain-
specific distinctions is that weak indefinites are always plain and do not give rise to
exceptional wide scope readings. Therefore, for some, we postulate a three-way dis-
tinction: weak-plain, strong-plain, and strong-specific. As in the case of no, I cannot
offer a concrete analysis of the weak reading here, but the following is a tentative
analysis for the plain and specific readings of the strong use of some.

I tentatively assume, without argument, that the presupposition of the nuclear
scope projects universally through strong some, similarly to every and no. It is often
assumed that presuppositions project existentially, rather than universally, through
some, but I assume that is due to the weak reading of some, which is left unaccounted
for here. See Sudo et al. 2011 and Fox 2012 for arguments that presuppositions can
project either existentially or universally through some.

With this assumption, the plain strong reading of some will look as follows. Note
that we postulate two indices (cf. Van den Berg 1996, Brasoveanu 2007, 2008), as
(strong) some generally gives rise to two anaphoric possibilities, anaphora to the en-
tire domain of quantification (‘maxset anaphora’) and to the intersection of the re-
strictor and nuclear scope (‘refset anaphora’). Here, x,, accounts for the former, and
x., accounts for the latter.

(77) IfNP --» 7, NP v ag, VP --3 15, VP v ag,
a. some" NP VP --» ((3z, mrxn A T = 0p[arx,]) A s )

strong.plain
b. some” NP VP v 32, (2 E Ty A (g Tpy)

strong.plain

Note that 3z, occurs in the assertive meaning here. We obtain the specific counter-
part of this by moving 3z, in the presupposition so that it will project and extend its
scope.

(78)  IENP --» 7, NP o> ag, VP -5 g, VP o a1,
a. some:gzng.speciﬁc NP VP
- ((Bzn TrTn A Ty = 0Tp[OR TR]) A Ts Ty) A T, Ty, E )

b. some” NP VP

strong.specific
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Another ‘quantifier’ that is worth mentioning here is the. It has a lexically encoded
existence presupposition and a maximality presupposition, the latter of which can
be expressed by requiring that the supremum of those individuals that satisfy the
assertive meaning of the NP satisfy the assertive meaning too, as expressed by the
third conjunct of (79a). If the NP is singular, therefore, the supremum must be an
atomic individual, which amounts to a uniqueness presupposition.

(79) IfNP --> 7p, NP v~ ap, VP --5 g, VP v g,
a. the" NPVP
- ((Qzn TR TY A Tp = oxyag Tn]) A AR T,) A T 2y))
b. the” NP VP

4.7 Intermediate scope readings

Lastly,  would like to show that the current theory can deal with intermediate scope
readings of specific indefinites. Contrary to the surmise of Fodor & Sag 1982 that
specific indefinites always take maximal scope, later research found a plethora of
examples where a specific indefinite takes scope outside the immediate scope island
but still below some other operator higher up. Concretely, here is one such example.

(80) Every professor rewarded every student who read a book he had recommended.
(Abusch 1993: p. 90)

With the pronoun he understood as being bound by every professor, the indefinite a
book he had recommended cannot take scope over every professor. Crucially, it can
take scope between the two universal quantifiers. The following situation makes this
intermediate scope reading true, and the narrow scope readings false.

(81) a. Professor A recommended Book 1 and Book 2 and rewarded every stu-
dent who read Book 1, but didn’t reward students who read Book B or
any other book.

b. Professor B recommended Book 2 and Book 3 and rewarded every stu-
dent who read Book 2, but didn’t reward students who read Book 3 or
any other book.

c. Professor C recommended Book 3 and Book 4 and rewarded every stu-
dent who read Book 3, but didn’t reward students who read Book 4 or
any other book.

This observation might look problematic for the theory proposed here, because
presuppositions normally project to the top most level. However, the intermediate
reading of (81) can be generated with the covert operator Ap, as in (82). As the ex-
ample at hand contains a bound pronoun, its presence is actually forced.

(82)  Every’ professor Ap rewarded every' student who read a;,, ;. book he;
had recommended
a. --» ((Jz2672[3213w3(book 23 Arecommended xox3) | Azy = oa2[052[professor z5]]) A

622[xy = ox[studentzy A read zyx3]])
b. v 622[671 [rewarded zo11]]
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In words, x, represents the plurality consisting of all professors, and the first clause
of the presupposition introduces for each of them a book z; that 2, recommended
and a plurality x; consisting of all the students that read x;. The assertive meaning
simply states that each of z, rewarded each of z;, where the value of x; varies across
the values of z, thanks to quantificational subordination mediated by 0;2.

The above example contains a bound pronoun, but it is not necessary to have
bound pronouns for intermediate scope readings to be arise, as shown in the fol-
lowing examples. This is as predicted by the proposed theory, as insertion of Ap is
assumed to be freely available, whenever there’s an appropriate plural term in the
presupposition.

(83) a. Each student has to come up with three arguments which show that
some condition proposed by Chomsky is wrong.

b. Everybody told several stories that involved some member of the Royal

family. (Farkas 1981: p. 64)

Most linguists have looked at every analysis that solves some problem.
Each student has to find all arguments in the literature which showed
that some condition proposed by Chomsky is wrong.

(Reinhart 1997: p. 346)

(84)

o

Having said this, however, intermediate scope readings involving certain opera-
tors cannot be analyzed in the same way. In particular, it is known that a specific
indefinite can take below negation, as in (85).

(85)  John wasn't examined by every professor who is competent on some prob-
lem. (Ruys & Spector 2017: p. 32)

In order to account for the relevant reading, we have to resort to ‘local accommoda-
tion’ of the presupposition below wasn’t but above every. One potential concern here
is that presupposition accommodation below negation is normally highly marked.
For example, it is not impossible to understand (86) as not entailing the (unique) ex-
istence of a Japanese professor, but seems to require a marked intonation and/or a
context where someone is publicly committed to the existence of a Japanese profes-
sor.

(86) John wasn'’t examined by the Japanese professor.

It is not very clear to me if we can maintain that the intermediate scope reading of
(85) is similarly marked. To be fair, it is not easy to make a fair comparison between
sentences with different semantic and pragmatic properties, when it comes to subtle
judgments like this. However, I would like to stress that the theory at least has the
mechanism of presupposition accommodation that can be used to account for the
intermediate scope reading of (85).

5 Certain

We have just seen that the issue of quantification, which has so far been considered
to be a major dent in the presuppositional approach to specificity, can be addressed
by combining the idea of dynamic presuppositions with the Heim-Stalnaker view of
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presuppositions. In this section, we will turn to another advantage of the proposed
theory: Dynamic presuppositions enables a reasonable account of peculiar interpre-
tive properties of the specificity marker certain, which have hitherto eluded formal
analyses. I will propose that certain triggers a dynamic presupposition that refer-
ences a ‘natural function’.

Certain is widely recognized as a specificity marker in English, but at the same
time, empirical facts suggest that its semantic contribution goes beyond merely mark-
ing an indefinite to be specific (Hintikka 1986, En¢ 1991, Schwarz 2001, Farkas 2002a,
Schlenker 2006, Endriss 2009, Solomon 2011, Ionin 2015). To see this, let us take the
following pair of examples due to Schwarz 2001.

(87) a. No boy tried every dish that a female relative of his had made.
b. No boy tried every dish that a certain female relative of his had made.
(Schwarz 2001: p. 890)

Consider first the example without certain in (87a). Under the bound interpretation
of his, a female relative of his cannot take maximally wide scope, and naturally (87a)
receives either a narrow scope reading or a intermediate scope reading (which are
truth-conditionally hard to distinguish for this particular example). As the reader
can verify, the theory proposed above can account for these readings. The important
observation here is that the version of the example with certain in (87b) allows for a
reading that (87a) does not. More specifically, (87b) is judged as true in a scenario
like the following where (87a) is judged as false.

(88)  No boy tried every dish that his grandmother had made, and every boy tried
every dish that his mother had made.

The relevant reading of (87b) entails that for each boy, there is a female relative of
his such that he did not try every dish she had made, but importantly, the intuition
tells us that in order for the sentence to be true, the boys’ female relatives need to
be the same type of relative for all boys, e.g., their grandmothers, their mothers, their
sisters, etc., and cannot be random like John’s grandmother, Bill's mother, and Chris’s
sister, etc. Following previous authors, we simply characterize this intuition in terms
of ‘natural functions’ (cf. Groenendijk & Stokhof 1984, Endriss 2009, Szabolcsi 2010),
although this notion largely remains a blackbox at this point. The reading of (87b)
that we are after is, therefore, analyzed as follows.

(89) There is a natural function f € D, ., from boys to their relatives such that no
boy z tried every dish that f(z) had made.

In order to derive this reading, I propose that certain has a dynamic presupposition
that introduces a discourse referent for a natural function, and in its assertion the
natural function so introduced is applied to a hidden variable. I assume that this
variable can be either referential or bound by a quantifier, very much like in the case
of modifiers like different (as suggested previously by Solomon 2011). As the analogy
with different will be instructive, let us delve into it.
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5.1 External and internal readings of different

Different gives rise to two interpretations, which are illustrated by (90).2°

(90) a. Irecommended a book to Patrick. But he read a different book.
b. Everyone read a different book.

Naturally, the interpretation of different in (90a) refers to the book mentioned in the
first sentence. More specifically, a different book is an indefinite ranging over books
that are different from iz. Thus, in analyzing the meaning of different in this sentence,
it makes sense to postulate a hidden variable referring to the book mentioned in the
first sentence.

Turning to (90b), it admits a similar reading about a book different from some
salient book but crucially it also has a reading that does not require a contextually
salient antecedent. On this reading, the sentence simply means that there is a one-
to-one relation between the people and the books they read. The common analysis
of this reading is that the hidden variable of different is bound by everyone.

For the purposes of this paper, we need not delve into any more detail of the anal-
ysis of different (see, e.g., Carlson 1987, Moltmann 1992, Beck 2000, Dotlacil 2010,
Brasoveanu 2011), but we follow the literature on different and call these readings
external and internal readings, respectively. In the external reading, the hidden vari-
able is syntactically free and refers to a contextually salient antecedent; in the inter-
nal reading, it is bound by a quantifier.?!

[ will claim below that certain also has a hidden variable and gives rise to external
and internal readings.

5.2 External reading of certain

I propose that cetain triggers a dynamic presupposition that introduces a ‘natural
function’ over individuals and in its assertive meaning the natural function is applied
to a hidden variable. This is illustrated by the following example, where the hidden
variable x4 is left free. NF stands for ‘natural function’ in the intermediate language
(see Appendix A for a way of encoding this restriction at the model level).

9 A}, certaing mouse entered

a. --» E‘fg NF fg
b. v Jx9((fo(ws) = x2 A mousezy) A entered z5)

20There is a third interpretation, when the noun is plural, as in (i).
@ Different books are on the desk.

In addition to the external reading, (i) has a reading that does not require a contextually salient an-
tecedent and the noun phrase means something similar to several/many types of. We will not be con-
cerned with this reading here.

21T would like to mention an observation due to Spector 2004 about the availability of internal read-
ings of certain, and an interesting parallel to different noticed by Solomon 2011: Spector 2004 observe
that some quantifiers like many cats and most cats do not give rise to internal readings of certain and
Solomon 2011 points out that the same set of quantifiers fail to give rise to internal readings of differ-
ent. While I cannot offer an explanation of why this is so (or critiques of previous attempts by Spector
2004 and Solomon 2011, but these observations suggest that there is a common restriction on the hid-
den variables in these two adjectives. A complication here is that the internal reading of same seems
to restricted in the same way.
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Note that this presupposition is propositionally very weak. In fact, it is safe to simply
take for granted the existence of natural functions over individuals. However, the
anaphoric content of the presupposition has a substantial effect: it is applied in the
assertive meaning (91b) to a free variable x4, which by assumption is resolved to a
contextually salient individual, most typically the speaker. Assuming that x4 refers
to the speaker, the sequential update with (91a) and (91b) will amount to: For some
natural function fy, the mouse that f, maps the speaker to entered.?> Consequently,
the meaning of this sentence is slightly different from a plain indefinite sentence
without certain in that it implies that the speaker stands in a non-arbitrary relation
with the mouse in question.

One nice consequence of this analysis is that it captures the common, but what
nebulous, intuition that certain tends to connote some sort of familiarity on the
speaker’s part, which is often informally paraphrased by something like ‘a mouse
that the speaker has in mind’ in terms of a dynamic presupposition that introduces a
natural function. Notice in particular that without the notion of dynamic presuppo-
sition, itis harder to develop an account like this. For one, the familiarity is clearly not
asserted, so the quantification over natural functions should not be in the assertive
meaning. Furthermore, the use of certain does not necessarily refer to a contextually
salient natural function, so postulating a free variable for natural functions would
not be desirable.

In the above example, we analyzed the indefinite itself to be plain, but nothing in
the theory prevents the parse of the sentence where it is read specific, in which case
the predicted meaning will be as in (92).

2 ind
(92)  Ajpecinc Certaing mouse entered

d. -—> ng(ﬂfg NF fg A (fg(l‘(;) = T2 A mouse:vg))
b. -~ entered 25

The presupposition in this case entails the existence of a mouse that the speaker
(or some other discourse salient individual) is related to via a natural function, but
otherwise the update effect will be identical.

Whether both plain and specific readings of the indefinite are available or not
is not immediately clear for this simple, unembedded example. Furthermore, em-
bedding it in the scope of an operator will not be very informative in settling this
question, because due to presupposition projection, the existential quantification
over natural functions will project out, while the variable of the indefinite continu-
ing to be asserted to be identical to the output of the natural function. Specifically,
consider the following conditional example.

93) If a certain mouse entered, she caught it.

Ignoring the presupposition of the consequent, this example, with a plain or spe-
cific a, should have the same presupposition as the corresponding reading of the
unembedded example above. In particular, even if the indefinite is plain, the pre-
supposition introduces a natural function, and the assertive meaning will be about a

221 need to leave it open why it is not the certain mouse, rather than a certain mouse, given the
uniqueness is satisfied. It is possible that a certain is an idiomatic phrase and a is not an ordinary
indefinite article, as suggested by the compatibility with plural noun phrases with numerals like a
certain two people (but *a certain people). Thanks for Patrick D. Elliott (p.c.) for relevant discussion.
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particular mouse to which the function maps the speaker (or whatever contextually
salient individual that the hidden variable refers to).

It seems to me to be harmless to have the plain-specific ambiguity here, so let us
leave it at that.

5.3 Internal readings

Let us now turn to the internal reading of certain, where the hidden variable is bound
by a quantifier. In such a case, the natural function may return different individuals
for different values of the variable. Consider, for example, (94).

(94)  Every cat® saw a;;, certaing mouse

a.  --» (JzeIfoNF fo A 26 = oxg[cat z6])
b. o 028 [3wo((fo(ws) = 2 A mousex2) A saw z62)]

Importantly the assertive meaning (94b) amounts to that every cat saw the mouse
that the natural function maps it to. This captures the intuition that the sentence
expressions that the cats and mice bear some unnamed non-arbitrary relation.

Just for the sake of completeness, let us consider other available parses of the
same sentence as well. Firstly, nothing in the theory prevents a from receiving a
specific reading, in which case, the predicted meaning looks as follows.

(95) Every cat® saw agpeciﬁc
a. -+ (Jze(Fz2(Ifo NF fo A (fo(xs) = 22 A mousex3))) A xg = oxg[cat xg])
b. o §78[saw zg1s]

certain] mouse

Notice that this is a wide scope reading, as it is about a single mouse x», which the
natural function f; maps every cat to.

There are other wide scope readings, which obtain via an external reading. Firstly,
with a plain indefinite:

(96)  Every cat® saw a;;;, certain; mouse
d. -—> (EL’L’GHfg NF fg N Tg = axﬁ[cat 1'6])
b. v §7¢[3o((fo(ws) = 12 A mousex;) A saw 262) ]

This is a ‘wide scope reading’, not in the formal syntactic sense, but in the sense that
fo(xs), with a free variable x5, does not co-vary with the quantifier. Another wide
scope reading ensues when the external reading of certain is coupled with a specific
reading of a:

(97)  Every cat® saw a2 certain} mouse

specific
d. -—> (E‘xﬁﬂxz(ﬂfg NF fg A (fg(.r5) = T2 A mousexg)) N Tg = Uxﬁ[catx6])

b. o §70[saw w61y

In this case, the existence of a mouse that bears some non-arbitrary relation to the
value of the free variable x5, typically the speaker, is presupposed.

Admittedly, it is not clear if empirical evidence for this exact set of wide scope
readings could be found, but I see no particular empirical issue of having this ambi-
guity either.
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Lastly, we should also consider the possibility of inserting Ap, which would in-
troduce 0 in the presupposition. When it is present while certain receives an internal
reading and a receives a plain reading, the predicted meaning is (98).

(98)  Everycat’ Apsawa}, , certain; mouse

a.  —-»> (Jwe05¢[3fo NF fo] A w6 = owg[cat zg])
b. o 02 [3xo((fo(ws) = @2 A mousex2) A saw Z62)]

The cross-dimensional functional anaphora here succeeds thanks to quantificational
subordination mediated by J, and the overall reading amounts to a narrow scope
reading of the existential quantification over natural functions: The presupposition
says that each cat is paired with some natural function, and they each saw the mouse
that the natural function they are paired with maps them to. We presumably would
like to block this reading, however, because the sentence seems to require that the
cats and mice stand in the same non-arbitrary relation.

In fact, a similar trick would overgenerate for Schwarz’s example (87b). Con-
cretely, when Ap is present, we allow the natural function to co-vary with the quanti-
fier. Consequently, it could be that for John, the relevant female relative is his grand-
mother, while for Bill, she is his mother and for Chris, she is his sister.

(99)  No boy’ Ap ate aj, ;. dish that a3, certaing female relative of his; had

made

a. --» (Jw03¢[3fo NF fo] A 16 = oxg[boy 4])

b. v §7[—3zr(dishazr; A (Fza((fo(ws) = 22 A (femalexy A relativezyzg) A
atexgmg)))]

Requiring the indefinite to be specific will not solve this issue. The following meaning
still allows co-variation between the natural function and the quantifier.

(100)  Everycat® Apsaw a; g,
a. --» (Jw605¢[Fz2(Ifo NF fo A (fo(ws) = 22 A mouse x2))] A w6 = owg[cat z¢])
b. v §7%[saw w61s]

certain] mouse

Furthermore, a similar issue arises with the external reading of certain. Concretely,
the following is no longer a wide scope reading: Even though the hidden variable z;
is free and has a fixed value, f, co-varies with the quantifier.

(101)  Everycat® Apsaway . certain mouse
da. -=> (3$65§2 [Hfg NF fg] N Tg = O'I'G[Cat [EGD
b. v 578[3o((fo(25) = 2 A mouse x;) A saW 222) ]

For a similar reason to above, if this reading is available, we will fail to capture the in-
tuition that the relation between the cats and mice is somehow uniform. A similarly
problematic reading obtains when the indefinite is read specific.

The above discussion leads us to conclude that we wish to prohibit A from scop-
ing over 3fy. However, in the present theory, there is no way of syntactically blocking
it. In particular in the example like Schwarz’s example (87b), the bound pronoun
requires the presence of Ap. Luckily for us, there is actually a technical, brute-force
solution to this issue. I cannot discuss it here without introducing all the formal de-
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tails of the theory, so I defer it to Appendix A.2®> However, it begs a question as to
why existential quantification over natural functions works this way, and existential
quantification over individuals does not. I have to leave it for future research.

6 Conclusion

In this paper, I put forward a novel presuppositional theory of specific indefinites.
The key idea is dynamic presuppositions, presuppositions with both anaphoric and
propositional content. I offered a formulation of the idea within the broad Heim-
Stalnaker view of presuppositions as conditions on successful update, as schema-
tized in the update rule in (19).

(19) LetS --» 7rand S ~ «. Then:

8] = {C[[ﬂ']] lof ifc=n

# otherwise

I demonstrated that the theory not only accounts for specific indefinites occurring in
contexts that project presuppositions, such negation and conditional antecedents,
but also those occurring in contexts that involve quantificational sentences, where
presuppositions are ‘filtered’. This constitutes a major progress for the presupposi-
tional approach to specific indefinites, as quantified sentences posed a major issue
for previous incarnations (as discussed specifically for the theory of Van Geenhoven
1998 in Appendix B). It was also shown that the theory offers a way to understand
the interpretative contributions of certain, including the intuition characterized in-
formally as ‘an individual that the speaker has in mind’, in terms of dynamic presup-
positions about natural functions.

While I confined my attention to extensional constructions in this paper, addi-
tional support for the present theory might come from attitude contexts. The pre-
suppositional approach generally predicts a reading for specific indefinites in atti-
tude contexts that would be harder to capture in other approaches to specific in-
definites, so if there is evidence that such a reading is available, it will support the
presuppositional approach.

Observe first that when a presupposition is triggered under hope, it generally
gives rise to a presupposition that the attitude holder believe it to be true (and some-
times also projects out in addition; see Heim 1992, Geurts 1999, Sudo 2014). Con-
cretely, (102) presupposes that the linguist believes/is aware that the cat is asleep
NOw.

(102)  The linguist hopes that the cat will wake up soon.

Given this projection pattern, we would expect a specific indefinite occurring un-
der hope to give rise to a presupposition about the existence of an individual. For
instance, if the indefinite is specific, the presupposition of the example should entail
that the linguist believes that there is a Uyghur student, while if the indefinite is plain,
its assertion should entail the speaker hopes there be a Uyghur student.

ZThe rough idea is to require in the semantics of § that all function variables in the output have a
uniform value (or be ‘singular’ if you like), preventing co-variation with other variables.
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(103)  The linguist hopes that a Uyghur student will take her course.

It seems to me that the specific reading as characterized above is indeed available,
and if so, any simple scoping mechanism would not be able to derive it. Rather, it
would strongly suggest that specific indefinites have to do with presuppositions.

To make this data point more concrete and argument theoretically sound, how-
ever, further work is needed. Empirically, data needs to be carefully assessed, espe-
cially because sentences like (103) are many-ways ambiguous. That is, in addition
to the plain-specific ambiguity, there is also de re/de dicto ambiguity to take care of.
Theoretically, furthermore, a proper analysis of this construction would require an
intensional version of the formal theory. There is certainly no reason to suspect that
that could not be done, but it is left for another occasion.
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